SO GD va DT TP DA NANG
Truong THPT P§ Ping Tuyén
Gv: Van Quy Vénh

Bai 16: GIOI HAN CUA HAM SO
Tiét 42, 43. Ngay 8/12/2025

I. MUC TIEU
1. Kién thirc
- Nhén biét khai niém gi6i han hiru han ctia ham s6 tai mot diém va tai vo cuc.
- Nhan biét khai niém gi6i han mot bén.
- Nhan biét khai niém vé cuc.
- Nam duoc mot vai gidi han dic biét va cac quy tic vé gidi han vo cuc.
- Hoc sinh biét cach tinh gi61 han ham s6 tai mot diém, tinh gi61 han ham s tai vo cuc
- Hoc sinh phan biét dugc cac dang vo dinh cua gidi han ham $6.
2. Nang luc
- Nang lyc tu duy va lap ludn toan hoc: Thong qua viéc tinh gidi han ciia ham $6 qua gidi han cua day $0.
- Ning luc mé hinh héa toan hoc: Thong qua viéc viét cong thirc ham sémoo ta mbi lién quan giita cac dai lugng
hinh hoc.
- Nang lyc giai quyét van dé toan hoc: Thong qua cac bai toan lién quan dén gidi han cia ham sb
- Nang lyc giao tiép Toén hoc: Trong céc dinh 1y, vi duy, bai tap.
- Nang lyc sir dung cong cu, phuong tién dé hoc Toan: Str dung may tinh cam tay.
3. Vé pham chit:
- Cham chi, hoan thanh cac nhiém vy dugc giao.
- Trach nhiém, c6 ging chiém linh kién thirc méi, ¢6 giang lam dung céc bai tap.
- C6 thé gi6i quan khoa hoc
II. Thiét bi day hoc va hoc liéu
- Ké hoach bai day, SGK, phiéu hoc tap, phan, thudc ké, may chiéu, phan mém GSP...
II1. Tién trinh day hoc
Tiét 1.
1. HOAT PONG KHOI PONG: GIOI THIEU (3 phut)
a) Muc tiéu: Tao tinh hudng dé hoc sinh tiép can vi khai niém “gi6i han ham s6 tai mot diém”.
b) Noi dung:
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H1- Dua vao d6 thi ham s6 y=r (x) , em c6 nhan xét gi vé gia tri ham s6 khi * dan dén 2

H2- Dya vao db thi ham s6 * =/ (%) , em 6 nhan xét gi vé gid tri ham sb khi * dan dén 1
¢) San pham:

Céau tra 161 cia HS

L1- gia trj ciia ham sb dan vé 4

L.2- gi4 tri ciia ham s6 dan vé —® khi ¥ <1 va dan vé +® khi x>1,

d) T6 chirc thye hién:

*) Chuyén giao nhi¢gm vu : GV néu cau hoi; trinh chiéu do thi hai ham sd.

*) Thwc hi¢n: HS suy nghi doc lap

*) Bdo cdo, thdo ludn:

- GV goi lan luot 2 hs, ding tai chd trinh bay cau trd 1061 cia minh

- Céc hoc sinh khac nhan xét, bo sung dé hoan thién cau tra 10i.

*) Pdnh gid, nhdn xét, tong hop: i )

- Gy déph gia thai dg 1am viéc, phuong an trd 101 cia hoc sinh, ghi nhan va tong hop két qua.
- Dan dat vao bai méi. )

DVD. Gi61 han ham s6 c6 phai 1a gid tri cua ham s6 khong? Ching ta cung nghién ctru bai hoc ngay hom nay.

2. HOAT PONG HiINH THANH KIEN THU'C

2.1. GIOI HAN HU'U HAN CUA HAM SO TAI MOT PIEM

a ) Muc tiéu: Nhan biét khai niém gi6i han hiru han ctia ham s tai mot diém.
4-x*

x=2

a) Tim tap x4c dinh ciia ham s6 f (x) )

b) Noi dung: Cho ham s6 f'(x)=

. 2n+1
b) Cho ddy sé x ="

.Rat gon f'(x,) va tinh gi6i han cia day (u,) véi u, = f(x,).

¢) Véi day so (x,) batkisaocho x, #2 va x, -2, tinh f(x,) vatim lim,_,, f(x,).

¢) San pham: Cau tra 10i cta hoc sinh
d) To chirc thue hién:

* GV t6 chirc hoat dong trao ddi thao luan cia cac nhom (6 nhém )
Chuyén giao * Trén co s§ cau trd 101 cta hoc sinh, gido vién chu:fln hoa kiqén thure, tir do
gidi1 thi€u vé khai niém gidi han hiru han ciia ham so tai 1 diém.

Nhom — tai 16p.

Thuc hién

Bdo cdo thédo lugn | * Canhan bao cao, cac nhém theo doi thao luan.

- GV nhén x¢ét thai dg lam viéc, phuong 4n tra 101 cua hoc sinh, ghi nhén va
tuyén duong hoc sinh ¢6 cau tra loi tbt nhat. DBong vién cac hoc sinh con lai tich
cuc, cd ging hon trong cac hoat dong hoc tiép theo

- Chét kién thtre -
Danh gid, nhin xét, Chot kién thire

tong hop Gia sw (a;b) la mot khodng chira diém X, va ham $6 y= f(x)

xac dinh trén khoang (a;b), co thé true diem x,,. Ta noi ham so

f(x) ¢6 gi6i han la s6 L khi x dan t6i x, néu véi day sé (x,) bat
g 0 y n




ki, x, e(a;b),xn # X, vd X, —> X, ta co f(xn)—>L, ki hiéu

limx_”of(x) =L hay f(x) — L khi x > x,.

ViDU:

a)Muc tiéu: Tinh giéi han hitu han cia ham sb cu thé bang cach st dung dinh nghia.

b) Noi dung: Vi du 1. Cho hamsé f(x)= al

. 1
.Chimg to rang lim f(x)=—.
_xz _1 g g x—1 f( ) 2

¢) San pham: CAu tra 101 cta hoc sinh
d) T6 chirc thue hién:

* GV t6 chirc hoat dong trao d6i thao luan ctia cac nhém (6 nhom )

Chuyén giao Gv yéu cau hs tim TXD, tinh f (xn) va gioi han lim1 f (xn)
. ) ) . 1 1
Thue hién Hoc sinh 1én bang va thuc hién hm1 f (xn) = hm1 " = 5
: : x> nolx 4+

Bdao cao thdo ludn

* Pai dién nhom bao cdo, cac nhém con lai theo doi thao luan.

Danh gia, nhdn xét,
tong hop

- GV nhén x¢ét thai d§ lam viéc, phuong an tra 161 cua hoc sinh, ghi nhén va tuyén
duong hoc sinh ¢6 cau tra 101 tot nhat. Pong vién céc hoc sinh con lai tich cuc, ¢d ging
hon trong céc hoat dong hoc tiép theo

- Chét kién thirc :

Lay day sd (xn) bat ki sao cho x,#1 va x, >1.Taco f(xn)= L=

Dodc')limlf(xn)zlim ! 1:%'\/@}’ lirrllf(x):%.

2.2. QUY TAC TiM GIOI HAN HUU HAN CUA HAM SO TAI MOQT PIEM:
a) Muc tiéu: Hinh thanh céc quy tic tinh gi6i han.

b) Noi dung:




- lim ¢ =c¢ véi ¢ 1a hang so.

X—>Xg

- limx" =x; véi neN.

X=X,

CJ 7 [=] 7T
X=X

Him{ £ (x).g ()] =

lim&=£,néu M#0.
xx, g(_x) M

b) Néu f(x)>0 voi moi xe(a;b)\{xo} va lim f(x)=L

thi L>0 va lim/f(x) =L .

¢) San pham: Cau tra 10i cua hoc sinh.
d) T6 chirc thyc hién

* HS nhac lai cac quy :céc gi6i han cua day ’Sé)
Chuyén giao GV ghi bang hodc chiéu lai nf1 dung quy tac.

Thuwe hién Hoc sinh lam viéc nhom

Bdo cdo thédo lugn | * Pai dién nhom bao cao, cac nhom con lai theo d6i thao luan.

- GV nhan xét thai d§ lam viéc, phuong &n tra 101 cia hoc sinh, ghi nhan va tuyén
duong hoc sinh c6 cau tra 101 tt nhat. Dong vién cac hoc sinh con lai tich cuc, cd géng
Danh gia, nhdn xét, hon trong cac hoat dong hoc tiép theo

tong hop - Chét kién thirc phan ndi dung.

Vi du:
a) Muc tiéu:

+ VD2: Thyc hanh cac quy tac gidi han cia ham s0.
+ VD3: Xét TH khong thé 4p dung ngay quy tac tinh gii han cua thwong 2 ham s6 khi gi¢i han cia mau

s6 bang 0. ’ ) i
+ Luyén tap 1: Cing c6 ki ndng tinh gidi han cua ham so tai mot diém.
b) Noi dung:
Vidu 2. Cho f(x)=x-1va g(x)=x. Tinh cic gi6i han sau:

a) lim[3/(x) - g(x)]
by lim T

x—1 g(x)
Loi giai



Ta co lim f(x) = lim(x —1) = limx ~lim1 = 1-1=0. Mit khac, ta thay lim g(x) =lin]1x3 =1.

a) Ta co
lim[3/(x)— g(x)] = lim[3/ ()] - lim g(x) = lim3.1im / (x)~lim g(x) =3.0-1=~-1.

b) Ta cé: li [feoP  HmlfGF limfCo)limf(x) o .
XIE? g(x) B llrn g(x) llﬁllg(x) T =0.
s

Vi du 3. Tinh lim

x—0 X
Loi giai
Do mau thirc ¢6 gidi han 1a 0 khi x —>0 nén ta khong thé ap dung ngay quy tac tinh gidi han cta
thuong hai ham so0.

Chﬁyréng Vx+9-3 (\/x+ ) — X _ 1 .
x(x/x+9+3) x(x/x+9+3) Jx+9+3
Do d6 1im¥* 273 _ jim—1 ! _1

x>0 x _HO\/x+9+3 hm[\/x+ +3] 6

Luyén tap 1. Tinh lim

-1 \/_ 1

a) San pham: Cau tra 10i cua hoc sinh

d) T6 chirc thuc hién:
* GV t6 churc hoat dong trao do61 thao luan cia cac nhém (6 nhom )

Chuyén giao

Thuc hién | Hoc sinh lén bang va thuc hién
Bado cdo thdo | * Dai dién nhom bao cao, cac nhom con lai theo doi thao luan.

ludn

- GV nhan x¢&t thai do lam viéc, phuong an tra 161 cua hoc sinh, ghi nhan
va tuyén duong hoc sinh ¢6 cau tra 10i t6t nhat. Pong vién cac hoc sinh
con lai tich cuc, c6 gang hon trong cac hoat dong hoc tiép theo
- Chot kién thire :

r o 7 VD2

Dinh gid, | T, o6 jim £(x) = lim(x—1) = limx—lim1 = 1-1=0.
nhdn xét, tong =l =1 =l ol
hop Mit khac, ta thdy lim g(x) = limx* =1

a) Tacod
lim(3 f(x) - g(x)] = lim[3 f (x)] - lim g (x)
=1lim3. hmf(x) hmg(x) 3.0— 1— -1.

x—1




b) Ta c6: lim /F _ lxlgll /@Y = gt fo).l}E} il 0.
= g(x)  limg(x) lim g(x) 1

VD3. Do mau thtrc c6 gidi han 1a 0 khi x —0 nén ta
khong thé 4p dung ngay quy téc tinh gi¢i han ctia thuong hai ham so.
Jx+9-3  (Wx+9)* -3 X

¥ x(Wxt9+3) x(Jx+9+3)

Do d6 Tim¥* 273 _pim L _ !
x>0 x 0 x+9+3 lin&[\/x+9+3]

Chu ¥ rang \/ﬁu :

1
-

2.3. GIOI HAN MOT BEN
a) Muc tiéu: Giap HS hinh thanh khai niém gigi han mot bén ctia ham sd.
b) N§i dung:

|x—1]

Cho ham s6 f(x)="—"—.
x—1

a) Cho x, =" vax =n_+l. Tinh y, = f(x,) va y, =f(x,;).
n
b) Tim gi6i han cua cac day sb (y,) va ( v, )

¢) Cho céc day sb (x,) va (x,) bétkisao cho x, <1<x, va x, > Lx, —>1,tinh lim f(x,) va lim f(x,).

n n>+0
¢) San pham: Cau tra 16i ctia HS

d) T6 chirc thye hién:

*) Chuyén giao nhigm vu : GV néu cau hoi.

*) Thwe hién: HS suy nghi doc lap

*) Bdo cdo, thdo ludn:

-GV goi lan luot 2 hs, dtng tai chd trinh bay cau tra 16i cia minh

- Céc hoc sinh khac nhan xét, b6 sung d€ hoan thién cau tra 10i.

*) Ddnh gid, nhin xét, tong hop: 7 ’

- GV danh gia thai do lam vi€c, phuong an tra 161 cua hoc sinh, ghi nhan va tong hop két qua.
Khai niém gi¢i han mot bén:

- Cho ham s6 y = f(x) xéac dinh trén khoang (xy:0). Tanoi sO L 1a gi6i han bén phai
cta f(x) khi x —x, néu véi ddy s6 (x,) batki thoa man x, <x, <b va x, > x,, tacod

f(x,)>L,kihiéu lim f(x)=L.

- Cho ham s0 y = f(x) x4c dinh trén khoang (a;x,). Ta n6i s0 L 1a giGi han bén trai
clia f(x) khi x — x, néu véi day so (x,) batki thoa man a<x, <x, va x, —x,, ta co

f(x,)—> L, kihiéu lim f(x)=L.




Ch y:

lim f(x)= L khi v chkhi

X=X

lim /(x) = lim f(x) = L.

X=X,

2 nuo<x<l

Vi du 4: Cho ham s§ f(x) = ~
x+InQulsx<?2
Tinh lim f(x) va lim f(x).
x—1" x—1"
Loi giai
2

Véi day s6 (xn) bat ki sao cho O<x,<1vax,—>1,taco f(xn)zx
Do d6 lim f(x) = lim f(x,)=1.
x—=1 n—+ow

Tuong tu, v6i ddy s6 (x,) batkima I<x, <2,x, >1,tacod f(x,)=x,+1,chonén lim f(x)= lim f(x,)=2
xo1" n—>+o0

Luyén tap 2:

a) Muc tiéu: Tinh dugc gidi han mot bén.

b) Néi d . Cho hs . —x nQux<0
) NOi dung: Cho ham s6 f(x)—{\/; x>0

Tinh lim f(x), lim f(x) va lin(} f(x).
x—0* x—>0" X

¢) San pham: Cau tra 10i cua hoc sinh.
d) To chirc thue hién:

i} * GV t6 chirc hoat dong trao ddi thao luan cia cic nhom (6 nhém )
Chuyén giao Gv yéu cau hs tinh  lim f(x), lim f(x) va lim £ (x).
x—0" x—0" x>

Thuec hién Hoc sinh thuc hién theo nhom.

Bao cdo thdo lugn | * Goi 1 HS béao céo, cac nhom con lai theo doi thao luén.

- GV nhan xét thai d§ lam viéc, phuong an tra 101 cia hoc sinh, ghi nhan va tuyén
duong hoc sinh c6 cau tra 101 tot nhat. Pong vién cac hoc sinh con lai tich cuc, c6 gang
hon trong cac hoat dong hoc tiép theo

Dinh gid, nhdn xét, |~ < g Sy

téng hop

Luyén tip 3: Huéng din HS 1am bai tap 5.7; 5.8; 5.11 sach gido khoa.

2
X

5.7. Cho hai ham sb f(x) =

a) f(x)=g(x);
b) 1i£1’11 f(x)= liilll g(x).

-1 ,
1 va g(x)=x+1. Khang dinh nao sau day la dang?



HD: a) f(x)= x -1 _ = Dx+D =x+1=g(x)

x-1 x—1
lil’Ill f(x)= linll gx)=2

b)
Vay b ding; a dung khi x khac 1.

5.8. Tinh cac gidi han sau:

2 _ 2 _
2) i (T2 -4 b) th“.

x—0 X x—0 X

bay la gidi han dang %

A A . s R M N ) A+ +o r 5 \ X A 5 0
Phan a can khai trién hang dang thire roi gian uéc tir va mau dé khu dang 0

0
Phan b nhan c tir va mau véi lugng lién hop cia tir roi khir dang 0
HS c¢6 thé dung MTCT dé tinh.néu

KQ:a)4 b) 1/6
: ?—5x+6
5.11. Cho ham s6 g(x)="—>—~
x-2]
Tim lim g(x) va lim g(x).
x—2" x—2"
x*=5x+6
X’ =5x+6 2 x>2
HD: Xét2 TH g(x)=——= X
lx =21 x*=5x+6
— , X2
2-x

Tur d6 tinh céc gidi han vadc kqla-1 va 1

Tiét 2

1. HOAT PONG HiNH THANH KIEN THU'C

HP1.1: GIOI HAN HUU HAN CUA HAM SO TAI VO CUC

a ) Muc tiéu: Nhan biét khai niém gi6i han hitu han ctia ham s6 tai vo cuc.

b) Néi dung: Cho hamsb f(x)=1+ il c¢6 dd thi nhu hinh vé
x —



=
»t
v

N

Gia st (x,) 1a day 56 sao cho x, >1,x, — +o0. Tinh f(x,) vatim lim f(x,).

n—»+o0

¢) San pham: Cau tra 10 cta hoc sinh
d) To churc thuc hién:

* GV t chirc hoat dong trao d6i thao luan cta cac nhém (6 nhom )

Chuyén giao * Trén co so cdu trd 101 cua hoc sinh, gido vién chuén hoa kién thtre, tir d6 gidi thidu vé
khéi niém gidi han hitu han ctia ham so.
Thuwe hién Theo nhém — tai 16p.

Bdo cdo thdo luan | * Pai dién nhom bao cao, cac nhom con lai theo doi thao luan.

- GV nhan xét thai d6 lam viéc, phuong an tra 101 cua hoc sinh, ghi nhén va tuyén duong
hoc sinh ¢6 ciu tra 10 tot nhat. Pong vién cac hoc sinh con lai tich cuc, ¢b gang hon trong
cac hoat dong hoc tiép theo
- Chét kién thuc :

Ta c6 khai ni¢m sau day

- Cho ham sé y = f(x) xac dinh trén khoang (a;+). Tanéi ham sd £(x) c6

gidi han 1a s6 L khi x — +o0 néu véi day so (x,) batki, x, > a va x, — +wo,

Danh gia, nhan xét, , 1A .
t(;né’,hgp * | tacod f(x,)— L.kihi¢u lim f(x)=L hay f(x)— L khi x — +o0.

- Cho ham sd y = f(x) xac dinh trén khoang (—o0;5). Ta néi ham s6 £(x) ¢

gi6i han 1 s6 L khi x ——oo néu véi day so (x,) batki, x, <b va x, >0, ta

c6 f(x,)—>L,kihi¢u lim f(x)=L hay f(x)—L khi x——0.

Vidu 1. Cho f(x)=2+ il . St dung dinh nghia, tim lim f(x) va lim f(x).
x —_ X—>+0 X—>—00

Loi giai

.Dodé lim f(x,)=2.
xn_l n—>+o0

Léy day (x,) batkisao cho x, >1 va x, >+, tacd f(x,)=2+



Vay lim f(x)=2. Tuong ty, ta cling c6 lirp f(x)=2.

- Cac quy tac tinh 2161 han hiru han tai mot diém cling dung cho gidi han hiru han tai vo

cuc.

- Véiclahang so, tacd: limc=c, limc=c.

X—>+0 X——0

1 1

. I . T
lim —=0, lim —=0
X—>+00 x X—>—00 x

x2+1

Vidu 2. Tinh lim

X—>—00 X

Giai

’ 2
Tacd lim il Jrlzlim{ ,/ ]——lm /1+— /hm —‘/1+11m— -1.
X—>—0 x X—>—00 X—>—00 X—> oo X—>—00 x

HP1.2. GIOI HAN VO CUC CUA HAM SO TAI MOT PIEM
HD 1.2.1. Giéi han vo cuce
a ) Muc tiéu: Nhan biét khai niém gidi han vo cuc ctia ham s6 tai mot diém.

b) No§i dung: Nhan biét khai niém gidi han v6 cuc. Xét ham so f (x) =— ¢0 do thi nhu Hinh 5.6. Cho x, =

2
X

3 |

chung to rang f(x,)—>+o.

y

Hinh 5.6
Gia st khoang (a;b) chita x, vaham s6 y = f(x) xac dinh trén (a;b)\{x,}. Ta noi ham sé f(x) c6
gi6i han +oo khi x — x, néu véi day sé (x,) batki, x, €(a;6)\{x,},x, > x,, tacod f(x,) > +oo, ki
higu lim f (x)=+o.

X=X

Tan6i ham s6 f(x) c6 gi¢i han —oo khi x — x,, ki hiéu lim f(x)=—o0, néu lim|—f (x)]=-+.

X=X X=X,

Vidu 3. Tinh Im——
° x—1 |x_ |

Giai

Xétham s6 f(x)= . Lay day s6 (x,) batki sao cho x, #1,x, — 1. Khi dé, —0.

>""n

b
e 1]

— +0 ., Vay 11

Do dé f(x,)=

X, —1| -l |x 1|



¢) Sén pham: Cau tré 16i ciia hoc sinh
d) To chirc thue hién:

* GV to chtrc hoat dong trao d6i thao luan cua cac nhém (6 nhom )

Chuyén giao * Trén co s& cau trd 101 cia hoc sinh, gido vién chuan hoéa kién thue, tir do gidi thiéu vé
khéi niém gidi han hitu han ctia ham so.
Thuec hién Theo nhom — tai 16p.

Bdo cdo thdo luan | * Pai dién nhom bao cdo, cac nhom con lai theo do6i thao luan.

- GV nhén x¢t thai d9 1am viéc, phuong an tra 101 cua hoc sinh, ghi nhén va tuyén duong
hoc sinh c6 céu tra 101 t6t nhat. Pong vién cac hoc sinh con lai tich cuc, ¢d ging hon trong
cac hoat dong hoc t1ep theo

Ddnh gid, nhgn xét, | "~ % e

tong hop

Mot s6 gi6i han dic biét:

lim x* =+00 Véi k nguyén duong;

X—>40

lim x* =+o0 v6i k 1a sb chin;

X—>—%

lim x* = —o0 véi k 126 1&.

o
HP 1.2.2. Mot s6 quy tic tinh giéi han vo cuc
Chu y cac quy tac tinh giéi han hitu han khong con diing cho giéi han vo cuc.
Ta c6 mot s6 quy tac tinh giéi han cta tich va thuong hai ham s6 khi mot trong hai ham s6 d6 ¢ gidi
han vo cuec.
Quy tac tim gidi han ciia tich f(x).g(x) )

Gid st lim f(x)=L=0 va lim g(x)=+o0 (hodic —0). Khi d6 lim f(x).g(x) dugc tinh theo quy tdc

x—)xo x—)xo

cho trong bang sau:

lim f(x) lim g (x) lim 1 (x)g(x)
L>0 +00 +00
—00 —00
L<0 +00 —o0
—o0 —+00
Quy tic tim gidi han cia thiwong M
g(x)
lmf(x) | limg(x) | Diucia g(x) | limZ )
XX, XX X=Xy g(X)
L +00 Tuy y 0
+ +00




L>0 0 _

+
L<0 0

§18 4

—00

Céc quy téc trén van dung cho cac truong hop x — x;,x —> x; .

x+1

Vidu4. Tinh lim

=0 x

2

Giai

Ta st dung quy tic tim gi6i han cta thuong. R rang, gii han cua tir s6 lirrol(x +1)=1.
X—>

) X z L . . ) 1

Ngoai ra, mau soO nhan gia tri dwong voi moi x #0 va hngx2 =0. Do vay hn(} xt =400,

X x=0 x
, , . o 1
Vidu5. Tinh lim va lim )
o x(I-x) 0 x(1-x)
Giai
i 1 1 L1 - . 1 )

Viét =—- ,taco im—=1>0.Honntta lim——=-0 do 1—-x<0 khi x>1.

x(l—x) x 1—-x -1 x -l l—x
Ie 7 « . . 1
Ap dung quy tac tim gidi han cua tich, ta dugc lim (1 ) =—0
> x(l—x

Li luan tuong tu, ta c6 lim

x—1 x(l_x) =10,

2. HOAT PONG LUYEN TAP:

2.1. Luyén tap 1.

a ) Muc tiéu: Cung c0 ki nang tinh gidi han ctia ham so tai vo cuc.

b) N¢i dung: Tinh lim

Nxr+2

x40 x4 ]
¢) San pham: Cau tra 16i cia hoc sinh

d) T6 chirc thue hién:

Chuyén giao

* GV t6 chirc hoat dong trao d6i thao luan cua cac nhém (6 nhom )
* GV huong dan hs céch tinh.

Thuc hién

Theo nhom — tai 16p.

Bao cdo thdo ludgn

* Pai dién nhom bao cdo, cadc nhém con lai theo doi thao luan.

Danh gia, nhdn xét,
tong hop

- GV nhan xét thai d0 1am viéc, phuong an tra 161 cia hoc sinh, ghi nhan va tuyén
duong hoc sinh c6 cau tra 1o1 tdt nhat. Dong vién cac hoc sinh con lai tich cuc,
c6 gang hon trong cac hoat dong hoc tiép theo

- Chét kién thic :

2.2. Luyén tap 2




a) Muc tiéu: Tinh duogc gidi han mot bén.
b) N§i dung: Tinh lim 2> va lim 2X—)

2" x =2 X2~ x—2

¢) San pham: CAu tra 101 caa hoc sinh.
d) T6 chirc thue hién:

* GV t6 chirc hoat dong trao d6i thao lun cia cac nhém (6 nhom )

Chuyén giao Gv yéu cau hs tinh lim 2x-1 va lim 2¢-1 .
2" x=2 =20 x—=2
Thuec hién Hoc sinh thuc hién theo nhom.

Bdo cdo thédo lugn | * Goi 1 HS bao cao, cac nhom con lai theo doi thao luan.

- GV nhén xét thai d§ lam viéc, phuong an tra 161 cua hoc sinh, ghi nhan va tuyén
duong hoc sinh c6 cau trd 101 tot nhat. Pong vién cac hoc sinh con lai tich cuc, c6 gang
hon trong cac hoat dong hoc ti€p theo

Dinh gid, nhn xét, "~ «nc e

té?ng hop

2.3 Luyén tap 3
Huwdéng dan HS lam bai tap 5.10; 5.12 sach giao khoa.
5.10. Tinh cac gidi han mot bén:

a) limx_z;
-1t x—1

2
b) lim ¥ —**!
x—4" 4 —X
HD:  Ta sir dung quy tic tim gidi han ciia thwong
2
Ka: a) lim 22 = —oo fim X=X
o1 x—1 b) =4 4-x

5.12. Tinh cac gi61 han sau:

a) lim 172x

x—»mm
b) lim (\/x2 +x+2 —x).

x>+

HD: a) Lam tuong tu nhu luyén tap 1. KQ: -2
b) Nhan chia v6i lugng lién hop, sau d6 chia ca tir va mau cho x roi a4p dung gi6i han dic biét. KQ: 1

3. HOAT PONG VAN DUNG TiM TOI MO RONG ‘,
Muc tiéu: Ren luyén cho hoc sinh ki nang tham gia hoat dong nhom, tim hiéu tw liéu trén mang, ki nang ty hoc
va ty nghién ciu o nha.

Néi dung, phwong thirc t6 chirc hoat déng hoc tdp

; : D A 5 A : ’ .7 1A ” A
ciia hoc sinh w kién san pham, danh gia ket qua hoat dong

Cho hoc sinh nghién ctru cac bai tap sau:
*Bai toan 1: Theo du doan ti 1€ tudi tho con nguoi

cua mdt nudc dang phat trién, sau x nam ké tir bay




o 1aL _ 138x+236 e o As , i
gio la: T(x) = B nam . Hoi tudi tho cua 69 tudi.

con nguodi s€ dat dugc té1 muc Gidi han 1a bao
nhiéu?
* Tinh cac gidi han sau:

0 ., = A o
1-312x+1 a/ 0’ dap s6 -1 ( nhan luong lién hop)
b/dat t=¥l+ax,x >0t —1

Yl+ax —1 ax:t”—lz(t—l)(t”“+t”‘2+...+t+1)
X

a/ lim

x—0

b/ lim

x—0
t—1 a

= = n—1 n-2
x T+ 4+

\”/1+ -1 .. t-1 a

x~>0 ltlil? X :;
3 32 c/
c/lin}\/s_x —\/x +7
ool N 5=x' -2 Y472
H‘ x* -1 Hl -1 x' -1
oo f(x) 0 . 1-x° 3
thudt todn: lim , — =lim =.=—=
' =0 g(x)” 0 (2 = )(5-2 +2) 8
phan tich f(x) _ fi(x)+e fz( )-¢ lim3x2+7_2= _1
g(x)  alx)  elx) T
goi ¢, (i=1;2;3...) la nghiém cua g(x)=0 J5—x =3 +7 11
= lim 3 = ——
. . fi(e)+c=0 x>l =1 24
khi do6 c l1a nghiém cta h¢ =c?
fi(a,)=c=0

bai tap vé nha:

x"-1
d/ hm
x—1 x 1
o/ limx+x2+...+x"—n

x—1 x—1

x4 x4 +x"—n
g/ lim
x—1 x—1

4. CAU HOI/BAI TAP KIEM TRA, PANH GIA CHU PE THEO PINH HUONG PHAT TRIEN NANG

LUC
1 NmANwET

Cau 1: Chon khing dinh ding trong cac khing dinh dudi day ?



x+2 x+2

A. lim =1. B. lim 5.
x-3 x =2 x3 x =2
. x+2 o oA x+2 L .
C. lim 2=—1. D.Hams6 f(x)= khong c6 gi6i han khi x — 3.
=3 x — X—
Dép én B
Loi gidi
Ham sb f(x)= x+§xéc dinh trén céc khodng (—o0;2) va (2;+). Taco 3€(2;+).
o
3+2
li =f(3)=——=5.
i £ (5) £ (3)= 2
Cau 2 lim (—2x3+5x) bang:
A 2. B. 3. C. +oo0. D. —o.

Loi giai

2

Tacd —2x° +5x=x" [—2+ij.
X

Vi lim x* = —o0 va lim [—2+%j:—2<0 nén lim x3(—2+i):+oo.

2
X—>—00 X—>—00 X X—>—00 X

Céu 3: Cho ham s f(x) =+/x* —2x+5 . Khing dinh nao dudi diy ding ?

A. lim f(x)=—00. B. lim f(x)=+00,
C. lim f(x)=1. D. lim f(x) khong ton tai.

Loi gidi
Ham s6 f(x)=+x"—2x+5 x4c dinh trén R.
Co thé giai nhanh nhu sau : Vi x> —2x+5 1a mot ham da thic cia x nén co gidi han tai vo cuc. Ma

Nx? =2x+5 >0 v6i moi x nén gidi han ctia f(x)=+x*~2x+5 tai oo chic chin 1a +o0.
2 2
That vay, ta co vx° —2x+5 =\/x2 (1——+%j =|x] 1——+%.

X x X X

C o . 2 5 A \/27

Vi lim |x|=+o va lim,[1-=+-—= =1>0nén lim vx*-2x+5=+o0,
X——0 X—>—0 X X X—>—00

Céu 4: Gi6i han ctia ham sé f (x)= Jx? —x —/4x* +1 khi x —>—o0 bing:
A.—0, B. +o0. C. —1. D. 3.



Pap 4n A.
Loi giai

Ta co:

sz—x—J4x2+1:\/x{l-lj_\/x{4+izj:|x| 1= as L
X X X X
1 1
Lo
Ma 11m|x| +00 va hm(\/l———\/ sz 1-2=-1<0.

Vay xlg(\/x At 41 —}ergol:|x|(\/l———\/4+_ﬂz_

3x* +x-1 .
CAu5: X6t bai toan “Tim lim ——— >~ ”, ban Ha da giai nhu sau:
=2 2x* =5x42

Bude 1: Vi lim(2x2—5x+2):O.

x—2"

Budc 2: 2x° —5x+2>0 véi x<2 va x du gan 2,

Budce 3: 1im(3x2 +x—1)=13 >0

x—27

3 +x-1
Budc 4: nén theo quy tic 2, lim ST .
=2 2x° —=5x+2
Hoi 101 giai trén ciia ban Ha da sai tir budc thar may ?
A. Budce 1. B. Budc 2. C. Budc 3. D. Budc 4.

Dip 4n B
Loi giai
Xét ddu biéu thire g(x) =2x" —5x+2 tathdy g(x) <0 voimoi x e (l; 2) .

. . 3xt+x-1
Vay 16i giai sai tir buée 2. (Loi giai ding cho ra két qua lim —=———— = o),
-2 2x" —5x+2

m n

Cau 6: Tinh gidi han lim r oY (m, ne N*) , ta duoc két qua:

-1 x—

A. +00. B. m—n. C. m. D. 1.




m_1 (x—l)(x’”’l+x’"’2+...+x+l)

Lai c6 lim > =lim :lim(x’”_l+xm_2+...+x+1):m.
P | x—l x—1 x—l
Cox"=1
Tuong tu: lim =n.
x—1 x_l
Vay lim ™% —jim| L X 2
x—l x_l x—1 x_l x_l x—1 x_l x—l x_l
—_ _3 —_ N
Céu 7: Gioi han lim V2x -l ‘1/3’“ 2 bing
xX—> x_
A.l. B. 0. C. +o. D.%.
Loi giai
C 2x—1-3PBx-2 Lx-1-1 1-3x-2
Ta co = +
x—1 x—1 x—1
_ 2x-2 N 3-3x
(V2x—T+1)(x-1) (1+%/3x—2+;/(3x—22))(x—1)
2 3
Var—1+l 1+ 3fx=2+(3-22)
Tac co: lim 2 — 3 =0.
= V2x-1+1 1+%/3x—2+;/(3x—22)
— _3 J—
Dodo fim¥2X=1=¥3x=2_,
x—1 x_l
Cau 8: Gia st 111%—“17;"H=L.He s6 a bing bao nhicu dé L=3?
X—> x
A. 6. B. 6. C. -12. D. 12.
Loi giai
L. Al+ax -1 ) ax . a
Taco lim =lim =lim——=

A~

e 2x 0 2x(m+1) ¥=0 2(\/1+ax+1)

Vay L:%.Dod(’) L:3<:>%:3<:>a:12.

3 _ g _ —
Céu 9: Tinh gi6i han lim JYox—5 \/24 X3
x—1 (x _ 1)




A.0. B. 2. C. +o. D. —o.
Pap an B
Loi giai

bat r=x-1 thi x=¢+1, lin}t:O va
xX—>

Yox—5-ax—3 Yer+1-ar+1 6t+1—(2t+1)+(2t+1)—\/4t+1

(x-1) 2 2 ;
_ 6t +1— (8¢ +126 +61+1) +(4r2+4t+1)—(4z+1)
t2[3(6z+1)2+(2t+1).3/6tT+(2;+1)2} t2(2t+1+\/4tT)

—8t—12 4

+ .
{/(6t+1)2+(2t+1).%/6r+1+(2t+1)2 2t +1++/4t+1

Vay po Yox—5-ax-3 . ~8t-12 N 4
I CE o0 {/W+(2t+l).%/m+(2z+1)2 2 +1++J4+1
-8t —12 12 4 4
Ma lim =——=-4; lIm—————=—=2.
o i/(6l+1)2+(2t+1),2/6t+1+(2z+1)2 3 S0 2f+1+J4t+1 2
3 — —_ —_
Vay 1im\/6x S S 442-22,

x—1 (x_1)2



