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Truong: THPT P4 Pang Tuyén
Gido vién soan: Vo Cong My
Ngay soan: 26/10/2025

Lép day: 10/1, 10/5

Thoi gian thuc hién: Tuén hoc 8

TEN BAI DAY: ON TAP CHUONG III
Mon hoc/Hoat dong gido duc: TOAN; 16p: 10.
Thoi gian thuc hién: 1 tiét bai tap: Tiét 22
I. Muc tiéu.
1. Vé kién thirc

- Nhén biét gia trj lugng gidc ciia mot goc tir 0° dén 180°
- St dung may tinh cam tay dé tinh cac gia tri luong gidc cia mot goc.
- Van dung giai mot s6 bai toan ¢ nodi dung thuc tién.
- Giai thich duoc cac hé thuc luong co ban trong tam giac: dinh 1i cdsin, dinh li sin, cong thirc tinh dién tich
tam giac.
- M6 ta dugc cach giai tam gidc va van dung dugc vao viée giai mot sb bai toan c6 ndi dung thuc tién (vi du:
xac dinh khoang cach giira hai dia diém khi gdp vat can, xac dinh chi€u cao cua vat khi khong thé do truc
tiép ...).
2. Vé ning luc
- Nang lyc tu duy va lap luan toan hoc.
- Nang lyc mo hinh hoa toan hoc: thong qua viéc lam cac bai tap van dung, va van dung vao thuc té.
- Nang lyc str dung cong cu, phuong tién hoc toan.
-Nang luc ty chu va ty hoc, giao tiép va hop téc.

3. Vé phim chit:

- Chu dong phat hién, chiém linh tri thirc méi, biét quy la vé quen, c6 tinh than trach nhiém hop tac, xay

dung cao.
- C6 ¥ thirc 1am viéc nhom, ¥ thirc tim toi, kham phé, van dung kién thuc.
- Tich cyc thuc hién cac nhiém vu hoc tap

II. Thiét bi day hoc va hoc liéu.
- May chiéu va céc tai liéu tham khao lién quan

- Phiéu hoc tap. Bang phy hoic gidy Ao
I11. Tién trinh day hoc:

¥ ) TRAC NGHIEM
).12. Cho tam gidc ABC c6 B =135°. Khing dinh ndo sau déy 1a dung?

) B
4

ac. C. S:Tbc. D. S=—-=ca.

a)A.Széca. B. S=



Loi giai

Chon D.
' . s g gea | 1 2 2
Ap dung cong thirc tinh dién tich: S = Eca sin B = Eca.T = Tca.

b)A. R=—2_. E.R:Qb. C.R:QC. D.R:Qa
sin A 2 2 2
Loi giai
Chon B.

Ap dung dinh I Sin trong tam giac ABC ta

pobo_ b b 2, 2,
sinB  sinl35° 2 2 2
2
c) A. a* =b*+c* ++2ab. B. .b = .a .
sind sinB
C. sinB=£. D. b> =c* +a® —2cacos135°.
Loi giai
Chon D.

A sai do a* =b* +c* —2bccos A

a b

Bsaido —— = ——.
sind sinB

NG

C sai do sin B=sin135° = 7

D diing do b* =c*> +a” —2cacos B=c> +a’ —2cacos135°.

3.13. Cho tam gidc ABC . Khang dinh nao sau day 1a dung?

a) A.S=a—bc. B. r= 25 .
4y at+b+c
C.a*=b>+c" +2bccos A. D. S=r(a+b+c).
Loi giai
Chon B.
abc

Asaido S =—".
4R

a+b+c 25

JV<Sr=
a+b+c

B dingdo S=pr<S=

C sai do a* =b* +c* —2bccos A.

D sai do S:p.r<:>S:a+l2)+c.r

co:



b) A.sind=sin(B+C). B. cos A=cos(B+C).
C. cos4>0. D. sin 4 <0.
Loi giai
Chon A.
A dung do sin(B + C) = sin(180" - A) =sin 4.
B sai do cos(B+C)= cos(180° —A) =—cos A.
C sai do chua biét goc A la goc tir hay goc nhon.
D sai do sin A>0 voi moi goc 0° < 4<180°.
TITT.ITAN

+. Tinh gié tri cua cac biéu thuc sau:

a) M =sin45°.cos45° +sin30°; b) N =sin60°.cos30° +%sin45°.cos45°;

¢) P=1+tan’ 60°; d) =+—cot2120°.
sin” 120°
Loi giai
a) M =sin45°.cos45° +sin30° :—2.—2+l:1.
2 2 2
b) N:sin60°.c0530°+lsin45°.cos45° :—3.—3+l.£.£:l
2 2 2 22 2

c) P=1+tan’ 60° = 1

cos’ 60° ( 1 jz
2

—cot?120° =1+cot*120° —cot*120° =1.

4 o=—°

~ sin?120°
. Cho tam gidgc ABC ¢6 B=60°, C=45°, AC=10. Tinh a, R, S, r.
Loi giai
A=180°—B—C =180° —60° —45° = 75",
AC=10=b.

Ap dung dinh 1y Sin trong tam gidc ABC ta cé

a_ _ b <:>a:b..smA=10..sm75 =5\/g+15«/§z11’15‘
sind sinB sin B sin 60° 3

_b =2R< R= b = ,10 :loﬁz5,77.
sin B 2sinB  2sin 60° 3

c b _bsinC _10.sin45° 1046

- =— = - =— = ~ §,16.
sinC sinB sin B sin 60° 3



Ap dung céng thire tinh dién tich tam gidc ta c6

S :labsinC:l.M.lO.sin%‘) zmz”,%.
S=p.r:a+b+c.r<:>r: 25 ~2,69.
2 a+b+c

6. Cho tam giac ABC c6 trung tuyén AM. Chimg minh ring:
a) cos AMB +cos AMC =0;

b) MA®* + MB* — AB* = 2MA.MB.cos AMB va MA*> + MC* — AC* = 2MA.MC.cos AMC;

2(AB2 +AC2)—BC2

c) MA® = Z (cong thire duong trung tuyén).
Loi gii
A
B 7 M 7 (o]

a) Ta c6 AMB+ AMC =180° = AMB =180° — AMC = cos AMB = cos (1800 —~ AMC)

= cos AMB = —cos AMC = cos AMB +cos AMC =0. (dpcm)
b) Ap dung dinh Ii césin trong tam gidc AMB ta c6:

AB? = MA® + MB* — 2MA.MB.cos AMB <> MA® + MB*> — AB* = 2MA.MB.cos AMB. (dpcm)
Ap dung dinh li césin trong tam gidc AMC ta co:

AC? = MA® + MC? —2MAMC.cos AMC <> MA® + MC* — AC* = 2MA.MC.cos AMC. (dpcm)
¢) Theo két qua ciia y b) ta co:

MA* + MB® — AB* = 2MA.MB.cos AMB (1)
MA* + MC? — AC* =2MA.MC.cos AMC (2)
Céng vé véi vé cua (1) va (2) ta dwge:
MA? + MB* — AB* + MA®> + MC* — AC* = 2MA.MB.cos AMB+2MA.MC.cos AMC

& 2MA® + (MB2 + MC? ) - (AB2 n ACZ) = 2MA.MB.cos AMB + 2MA.MB.cos AMC

2 2
& 2MA> +(B .8 f ]—(ABz + ACz) = 2MA.MB.(cos AMB + cos AMC)
2 BCZ 2 2 A ,
© 2MA* +———(AB> + AC*) =0 (theo phin a ta c6 cos AMB +cos AMC =0).



Cau 2:

BC?

& 2MA? :(AB2 +A4C?)-

2(AB2 +AC2)—BC2
2

< 2MA* =

2( 4B’ +A4C*)-BC’ BC

< MA® = 2 (dpcm) Trong d6 MC = MB = BN

. Cho tam giac ABC . Chimg minh ring;
a) Néu goc A nhon thi b* +¢* > a*;
b) Néu goc 4 tuthi b* +¢” <a’;

¢) Néu goc A vuédng thi b* +c* =a’;

Loi giai
) b it —a?
Ap dung hé qua cua dinh li cosin ta co: COSAZ#
c
i, \ b’ +c’-a’ 2, 2 2 2, 2 2
a) Neu goc A nhon thi cosA>0<:>T>O<:>b +c —a >0b"+c" >a.
c
1, . b’ +c’—a’ 2, 2 2 2, 2 2
b) Néu goc A tu thi cosA<0<:>T<0<:>b +c"—a" <0 b +c"<a.
c
i, . \ b’ +c’—a’ 2, 2 2 2, 2 2
c) Néu goc A vuong thi cosA=0<:>T=0<:>b +c—a =0b +c" =a’.
c

BAI TAP VE NHA
Cho tam giac ABC batky c6 BC =a, AC =b, AB =c. Pang thirc nao sai?

A. b*=a’+c’ —2accosB. B. @’ =b" +c* —2bccos A.

C. ¢ =b>+a’ +2abcosC. D. ¢ =b*>+a’ —2abcosC .
Loi gidi

Chon C.

Theo dinh 1i ham so cosin, ¢* =b* +a”> —2abcos C nén C sai.

Cho tam giac ABC ¢6 BC =10, 4 =30°. Tinh ban kinh duong tron ngoai tiép tam giac ABC.

10
A. 10. B. —. C. 1043 D. 5.
D V3
Loi giai
Chon A.
Trong tam giac ABC tacd: R= B_C =10.
2sin 4

Tam gidc ABC vudng cantai A c6 AB = AC =a.Puong trung tuyén BM cb do dai la



Cau 4:

Cau 7:

A al B. av/2. C. a\3. D. “‘/g.
2 2
Loi giai
Chon D.
4
Y, M
B C
2
BM =\AB + AM® = | +% =$.
Tam giac déu canha noi tiép trong dudng tron ban kinh R bang
A L3 B. "\/5. C. "‘5. D. "\/g.
2 3 3 4
Loi giai
Chon B.

Bén kinh dudng tron ngoai tiép tam giac déu canh a: R = %h =3 =

Ban kinh duong tron noi tiép tam giac déu canh a bang

a3 a2 a2

A. . B. . C. . D.
6 5 4 7
Loi giai
Chon A.
Ban kinh duong tron ndi tiép tam giac déu canh a: r = %h = % af = af
Néu tam gidc ABC c¢6 a* <b® +¢* thi
A. A la goc tu. B. A la gécvuong. C. 4 la goc nhon. D. 4 1a goc nho nhat.
Loi gidi
Chon C.
232, 2 b’ +c’—a’ 2 32, 2 A
Tacd a” =b"+c” —2bccos A = cos A :T do a” <b”+c” nén cos 4A>0
c

= A 1a goc nhon.
Cho tam gidc ABC c6 AB=2, AC=2\/§, cos(B+C)=—7. D0 dai canh BC la

A 2. B.S. C. 20. D. 4.



Loi giai
Chon A.
2 2
Do cos(B+C) = —g = cos A=—cos(B+C)= % .
Ap dung dinh 1y cosin trong tam giac cé:

BC? = AB* + AC* —=2AB.AC.cos A = 2 +(2J§)2 —2.2.2&%:4 —BC=2.

Cau 8: Cho tam gidc ABC thdéa man hé thitc b+c =2a. Trong cac ménh dé sau, ménh dé nao dang?

A. cos B+cosC=2cos 4. B. sinB+sinC=2sin 4.
C. sinB+sinC=%sinA. D. sinB+cosC=2sinA4.
Loi giai
Chon B.
a=2Rsin 4
Ta co —2 b ¢ _2R<{b=2RsinB.

sinA:sinB:sinC .
c=2RsinC
Ma b+c=2a < 2RsinB+2RsinC=4Rsin A< sinB+sinC=2sin4

Cau9: Tam gidc ABC c6 céc canh @, b, ¢ théa man diu kién (a+b+c)(a+b—c)=3ab. Tinh s do

cua goc C.

A. 45°. B. 60°. C. 120°. D. 30°.
Loi giai

Chon B.

Ta co: (a+b+c)(a+b—c)=3ab<:> (a+b)2—02=3ab S at+b' =t =ab.

2,72 2
Ma cosC=m=l = C=60°,
2ab 2

Cau 10: Tinh gia tri biéu thirc P = sin30°cos 60°+sin 60°cos 30°.

A. P=1. B. P=0. C. P=+3. D. P=—3.
Loi giai
Chon A.

Ta c6 P =sin30°.sin 30°+cos30°.cos 30° =sin” 30°+cos”30° =1.
Cau 11: Tam gidc ABC c6 ba dudng trung tuyén m_, m,, m_ thoéa man 5m§ = m}f + mf . Khi d6 tam giac
nay la tam giac gi?
A. Tam giac can. B. Tam gi4c déu.
C. Tam giac vudng. D. Tam giac vudng can.

Loi giai



Cau 12:

Cau 13:

Cau 14:

Chon C.

, b+ 4
ma: JR—
2 4
. , a’‘+ct b
Taco: ym, = -—
2 4
, a’+b* ¢
m. = -
2 4
Ma: Sm> =m, +m> =5 b'+c _a :a2+c2_5+a2+b2_£
o 2 4 2 4 2 4

& 106° +10¢” —5a° =2a° +2¢° —b* +2a° +2b* - ¢°

< b* +c¢® =a’> = tam gisc AABC vudng.
Tam gidc ABC c6 ba goc thoa man diéu kién sin 4 = 2sin B.cos C . Khi d6 tam giac ABC la
A. Tam giac vudng. B. Tam giac can tai C.
C. Tam giac can tai B. D. Tam gidc cantai 4.

Loi giai
Chon D.
sin A =2sin B.cosC.
P 2.i.a2 +b° —c’
2R 2R 2ab

a’+b* -c*
Sqg=——-——
a

Sa’=a’+b -

Sb - =0
oSbh=c"<b=c

Vay tam giac ABC cdn tai A.

Cho hinh binh hanh ABCD ¢6 AB=a, BC=a~N2 va BAD =45°. Dién tich cta hinh binh hanh
ABCD la

A. 24%. B. a’\2. C. 3. D. a°.
Loi giai
Chon D.
1

Ta co: AD=BC =a~2 nén S 5 = 2.8, 5p = 2. AB.AD.sin BAD = a.

Cho tir gidc 16i ABCD ¢6 ABC = ADC =90°, BAD =120° vi BD =a~/3 . Tinh AC.

A. AC=2a. B. AC=a\3. C. AC=a. D. AC=a\5.

Loi giai



Chon A.
Cach 1:

AABD ndi tiép duong tron dudng kinh 4C

BD a3
sin BAD sin120°

Ap dung dinh sin trong AABD ,tac6 AC =2R =

Cach 2:

Dé khong mat tinh tong quét ta c6 thé chon BD L AC tai I .
Ta oo C=360°—(A+B+D)=360°~(120°+90°+90°) = 60°.

AB=AD L .
Do BD 1 AC= D Suy ra ABCD la tam gidc déu canh bang a3

Ta co CI=3—a.
2
Xét AAID vuong tai [, ID:%BD:#_
Suy ra AI:IDcoté:&_ﬁzﬂ_
2 2 3 2

Taco AC=Al+CI=213%_24.
2 2
Vay AC=2a.

Cau 15: Cho tam giac ABC c6 b=7, c=5, cos 4 =§ . Puong cao £, cua tam gidc ABC la



Chon B.

*C

Theo dinh 1i ham cos ta ¢6 a” =b” +¢* —2bccos A :49+25—2.7.5% —32=a=42.
Ta lai co: cosA=§ :>sinA=%.

Dién tich tam gidc ABC 1a S, :%bcsinA =—.75-=14.

W

1
>

28, e 28 T2

a _4\/52 2

Vi S, sc =%a.ha nén s, =

Vay ha=¥.

Céau 16: Tam gidc ABC c¢6 A =120° thi ménh dé nao sau ddy ding
A.a’=b"+c"-3bc. B.a’=b"+c’+bc. C.a*=b>+c*+3bc. D.a’*=b"+c’>—bc.
Loi giai
Chon B.
Tacd a* =b> +c* —2bc.cos A=b> +c* —2bc.cos120° = b +c* +bc.

Cau 17: Cho tam gidc ABC, cac duong cao h,, h,, h, thoéa man h¢ thitc 3h, =2h, +h.. Tim h¢ thtc gitta

a, b, c
A2 1 B. 3a=2b+c. C.3a=2b—c. p.2-2.1
a b ¢ a b c
Loi giai
Chon D.
3ha:2hb+hc<:>§=£+§c>§=g+l.
a b c a b c

Cau 18: Cho tam giac ABC, néu 2k, = h, +h, thi

2 1 1

A —=—+—. B. 2sin A=sinB+sinC.
sin4d sinB sinC




2 1 1

C. sin4A=2sinB+2sinC. D.—=+———.

sin4d sinB sinC
Loi giai
Chon A.
2 = +h o 4S 2S+ZS<:> 4 _ 2 N 2
a b c 2Rsin4 2RsinB 2RsinC
2 1 1
= +

sind sinB sinC’
Cau 19: Cho tam gidc ABC ¢ AB=6,AC =8 va BAC =60°. Goi I 1a tim dudng tron ngoai tiép tam
gidc ABC . Tinh dién tich tam gidc IBC.
12 13

S, =1243. B. S, =133, C. Sy = 7 D Spe =2
Loi gii
Chon.D.
A
60
8

’ v -
Ap dung dinh 1y cosin trong tam giac ABC ta c6:
BC? = AB* + AC* =2 A4B.AC.cos 4
= 6’ +8°—2.6.8.c0860°
=52
= BC=2{13=a
a 213 2439

Bén kinh dudng tron ngoai tiép tam giac ABC la: R=———=—— =
2sin4  2.sin60° 3

239

Mit khac ta lai ¢6 I 1a tim duong tron ngoai tiép tam giac ABC nén IB=IC=R = =

Trong dudng tron tim I, ban kinh IB ta ¢6 BIC = 2BAC =120° (Mbi lién hé giira goc noi tiép va
gdc & tAm cung chin mot cung).

Suy ra ta tinh dugc dién tich tam gidc IBC la

S e :%IB.IC BIC—% g £ n120° —#.



PE ON TAP SO 1

Cau 1: Chon cong thuc ding trong cac dap an sau:

A. S=%bccosA. B. S:%bcsinA. C. S:%bcsinB. D. S=%bccosB.
Cau 2: Chon cong thure dung trong cac dép an sau:

A s=%c g gt g ogodbe g godbe

R 2R 4R 2R

Cau 3: Tam giac ABCc6a=2;b=1C 60 .Dién tich cia tam giac ABC bang

AL B Y2 c. B, D.\3.

2 2 2
Cau 4: Cho tam giac ABC c¢6 a=BC, b= AC, c= AB. Chon khang dinh ding trong cac khang dinh sau:
2 2 2 2 2 2 2 2 2
A. cosA:u. B. cosA:M—a. C. cosA:u D.
bc 2bc 2

2 32 2

Cos 4= u .
2bc
1 1 1

Cau 5: Cho tam gidc ABC c6 a=~/3, b=4, ¢=2+/3 . Gi tri ciia cos B 14 A. o B G- D

1

c

A A e a a a
Cau 6: Tim cong thirc ding: A. —— =2R. B. ——=3R. .——=4R. .——=5R.
sin 4 sin A sin 4 sin A

Céu 7: Trong tam gidc ABC bat ki ¢c6 BC =a,CA=b,AB = c. Ban kinh dudng tron ngoai tiép tam giac

< B.R=—2—. C.R=—"—. D. R=——.
sinC 2sin A 2sinC 2sin B
Cau 8: Cho tam giac ABC biét do dai ba canh AB=14;BC =18;AC =20. Tinh cos B?

ABC 1a R bang: A. R=

A. cosB:1—7. B. cosB:i. C. cosBZE. D. cosle.
35 21 15 11

Céu 9: Cho tam giac ABC biét a =7;b=8,C =60°. Tinh d6 dai ctia ¢?
A. c=+/85. B. c=12. C.c=+57. D.c=13.
Cau 10: Cho tam gidc ABC ¢c6 AB=+/2, B=60", C =45, Tinh d6 dai doan AC.

A3, B. ﬁ. C. 3. D. ﬁ.

2 3
. A . 4 . ez , 3sina+2cosa | .
Cau 11: Biét sina =— v6i 90° < <180°. Gid tri biéu thic M = > bang
5 6+16cot”
AM=2_  BM==. CcM=~  D.M=L
25 25 25 25

1 1
Cau 12: Tam giac ABC c¢6 AB=4, AC=15,BC =6. Tinhcos(B+C) A. g B. —Z. C. -0,125. D.

0,75.
Cau 13: Tam giac c6 ba canh lan luot 1a 2,3,4 . Goc bé nhit cla tam giac co sin béng bao nhiéu?

NEER ¢l p. Y14
8 8 2 8

Cau 14: Cho tam gidc 4BC thoa man h¢ thiic b+ c =2a . Trong cac ménh dé sau, ménh dé nao dang?

) ) 1.
A. cosB+cosC =2cos A. B. sinB+sinC=2sin4. C. SlnB+SlnC=551nA. D. sin B +cosC =2sin A.

Cau 15: Cho tam gidc ABC c6 AB=4,BC =5, dién tich S = 5\/5. Tinh gi4 tri cia cos B.



N cel. pad2
2 2 2
Céu 16: Cho tam giac ABC c6 I la giao diém ctia 3 dudong phan giac trong. Diém H nam trén canh AB

sao cho IH L AB.Biét IH =+[3; 4=60°; BC =a . Dién tich tam gidc ABC tinh theo a bang:

A.3a. B. 24/3a. C \3(a+3). D.3(\B+a).

1 B Y2
2



